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ABSTRACT

The main purpose of this research was the prediction of reverse osmosis (RO) membranes
performances, including separation factor, pure solvent flux, and total flux. The modified
surface force-pore flow is a mathematical and mechanism base model that has predicated the
performances of RO membranes appropriately better than others. The equations of this model
are complex and nonlinear, which should be solved by an advanced numerical method eventu-
ally. In this research, the radial basic function (RBF) network, which is an exclusive typical of
artificial neural network (ANN) and an association of radial functions into a single hidden layer,
was implemented for the predication of RO membrane performances. The input data of the net-
work were the parameters of this mathematical model and some experimental data which had
been obtained from four different types of RO membranes. About 80% of the total experimental
data were implemented for the training of data-set and the remaining 20% were used for the
testing of data-set. The predictive ability of RBF network was evaluated correctly by the mean
square error, root mean square error, and correlation coefficient (R). The mean square errors for
training and for testing data-set consequently were obtained 0.00009 and 0.00016 (for separation
factor), 0.00013 and 0.00013 (for pure solvent flux), and 0.00009 and 0.00012 (for total flux),
respectively. The results showed that this technique has predicted the performances of RO
membrane more correctly vs. the experimental data comparing to the previous ANNs and
comparing to original model, that is, modified surface force pore flow model accordingly.

Keywords: Artificial neural network; MD-SF-PF model; Radial basic function; RO membrane;
Performances; Radial basic function

1. Introduction

Potable and soft water is largely produced by the
use of reverse osmosis (RO) membrane processes

currently. RO and nanofiltration (NF) are usually
implemented for a wide range of applications. They
may be classified as solvent purification and solute
concentration, in which permeate is desired product
and/or concentrated feed is desired product. In this
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way, RO mainly uses the membrane types that are
permeable to water but essentially impermeable to salt
[1–3].

To describe the performances of RO membranes,
mathematical and mechanistic models are being used
extensively. Some of these models rely on simple con-
cepts such as irreversible thermodynamic models that
are nonmechanism base models [4–8]. The other mod-
els, especially porous mechanism-based models, are
more complex and require sophisticated solution tech-
niques. Therefore, the prediction of RO membrane
performances were enhanced by transport models
which have been developed over time [9–14].

Among the offered models, the surface force-pore
flow (SF-PF) model, which were presented by Sourira-
jan and Matsuura [15,16], and its modified one (MD-
SF-PF), which was later formulated by Mehdizadeh
and Dickson, have delivered truthful results [17,18].

Although the MD-SF-PF model is an efficient
model for the prediction of RO membrane perfor-
mances, it involves many interrelated equations, and
moreover, some of them are fairly complex and
nonlinear, which requires an advanced numerical
technique for solving them [19]. Therefore, other tech-
niques, such as artificial neural networks, (ANNs)
which do not need the solving of such complex equa-
tions, are more valuable for simulating these kinds of
models.

During past two decades, applications of neural
networks (NNs) have been developed in various fields
such as chemistry and environmental studies. ANNs
are well-organized predictive methods in the model-
ing of nonlinear dynamic systems such as membrane
processes. One of the primary advantages of ANNs
over theoretical approaches is that they consider as
black box models, which does not require any compli-
cated governing with forceful assumption equations.
Neural networks introduced by McCulloch and Pitts
which is based on the interconnection of neurons in
the brain [20]. Recently, applications of NNs for the
modeling of membrane processes have been devel-
oped due to their attractive feature consequently.
Niemi et al. used the neural network model for
obtaining an estimation of permeable flux and rejec-
tion through membrane, and then, their results were
compared with those obtained by conventional meth-
ods [21,22]. Abbas and Al-Bastaki used a feedforward
neural network to predict the performance of a RO
experimental setup, which used a Film Tech SW30
membrane [23]. In that research, the Levenberg–
Marquardton (LM) was employed for the training of
NN. Zoubi et al. used ANNs and Spiegler–Kedem
model for the modeling of three commercial NF mem-
branes (NF90, NF270, and N30F) and for different

salts (KCl, Na2SO4, and MgSO4) at high concentrations
similar to those of seawater [24]. These kinds of mod-
els that rely on irreversible thermodynamics are non-
mechanism-based models and have not high accurate
results. Zhao et al. developed two ANNs models by
solution diffusion (SD) model and modified SD-based
model (hybrid model) to compare actual and pre-
dicted permeable stream TDS [25]. One ANN model
was used multilayer perceptron (MLP) and the other
ANN model used a normal radial basic function
(RBF). These membrane models due to their simplicity
have high usage but do not have desirable results.
Shetty and Chellam employed a back-propagation
feedforward network with three layers, (one input,
one output, and one hidden) to predict the long-term
fouling NF membranes that are used to purify con-
taminated water supplies [26]. Recently, Lee et al.
used a feedforward neural network with three layers
to predict the performance of a seawater reverse
osmosis desalination plan [27]. The input layer con-
tains five neurons (time, feed temperature, feed con-
centration, pressure difference ΔP, and feed flow rate),
an output layer with two neurons (permeate TDS, and
permeate flow rate), and one hidden layer with 15
neurons. Libotean et al. performed a neural network
with back-propagation and support vector regression
algorithm for a RO plan performance to describe tem-
poral variations in permeate flux and salt passage
with a unique capability for useful short-time forecast-
ing of process performance degradation [28]. A new
study by Khayet et al. have been done and a MLP
feedforward ANN model with four inputs, two hid-
den layer, and one output layer was used for the pre-
diction of performance index of RO pilot plant [29].
The input factors are feed concentration, feed pres-
sure, feed temperature, and feed flow rate and the
outputs is performance index (average between per-
meable flux and the salt rejection). Jafar and Zilouch-
ian used a radial basis function network (RBFN) to
model the performances of two RO plants with differ-
ent feed water intakes [30]. Chen and Kim developed
a RBF neural network (RBFNN) to predict long-term
permeate flux decline in crossover membrane filtration
[31]. Noghabi et al. used ANN to predict the permeate
flux and rejection of ionic compounds of sugar beet
press water through polyamide NF membrane [32].

Considering the high capability of MD-SF-PF
model and its conditional input data and parameters
and available experimental data relevant to the physi-
cal conditions of some kinds of membranes, the predi-
cation of RO membrane performances via ANN
technique by use of these data could conclude some
novel and valuable results [17,18]. For the first time,
Moradi et al. trained a back-propagation feedforward
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neural network to predict the performances of RO
membranes process by applying the parameters of
MD-SF-PF model [33]. For this study, the Levenberg–
Marquardton was selected as training algorithm and
the network consists of three layers, including nine
neurons in input layer, one neuron in output layer,
and 20 neurons in hidden layer. Levenberg–Mar-
quardton is a kind of backpropagation neural network
(BPNN), but the RBFNN technique can overcome
some of the limitations of BPNN by use of a rapid
training phase due having a simple architecture and
maintaining complicated mapping abilities.

The main objective of the present work is to
develop a RBFNN technique to predict membrane per-
formances based on the parameters of MD-SF-PF
model. In this way, the separation characteristics
mainly separation factor, pure solvent flux, and total
flux will be calculated based on the parameters of
MD-SF-PF model and membrane properties such as
pore radius, friction constants between solute and sol-
vent and membrane, respectively, and finally opera-
tional conditions such as the average longitude
concentration of solute in membrane, pressure, and
temperature. It can be expected that RBFNN could
predict these objective performances with acceptable
error. Based on our knowledge, this is the first
research which used RBFNN for the prediction of RO
membrane performances based on MD-SF-PF model.

2. Theory

2.1. RO performances

The RO membrane performances are introduced as
pure solvent (Np) and total flux (Nt) and separation
factor (f). They can be influenced by several factors
such as pressure, temperature, concentration of feed
water etc. [14,15]. Pure solvent and total flux are
defined as the rate of mass transfer of pure solvent
per membrane surface and total mass transfer per
membrane surface.

Separation factor is defined as the difference
between concentrations of feed water near the

membrane and permeate water as is shown in Fig. 1
and presented in Eq. (1):

f ¼ CA2 � CA3

CA1
(1)

2.2. MD-SF-PF model

The surface force-pore model (SF-PF) is a
mechanism-based model which has presented fairly
good results [17,18]. Moreover, its modified form
(MD-SF-PF) which has simulated the RO membrane
characteristic has had high consistency with
experimental data [17].

In this model, membrane is assumed to have
cylindrical micro porous. Therefore, the profiles of
velocity and concentration are functions of both radial
(ρ) and axial directions (ζ). The interaction between
solute and the wall of membranes is defined by the
Sutherland type potential function, which varies in
radial direction of the pore [17–19]. The Friction
parameter describes the hydrodynamic drag of pore
wall on the solute and is defined as the ratio of solute
diffusivity in free solution to solute diffusivity inside a
pore [17–19].

The brief explanation of MD-SF-PF model based
on input parameters of ANN is as follows. These
parameters include model parameters (θ1, θ2, τ/ε),
membrane properties [RW and XA1, XA2 (friction con-
stants between solute and/or solvent and membrane,
respectively)], operational conditions, such as the aver-
age longitude concentration of solute in membrane
(C), pressure (P), and temperature (T).

The two-dimensionless parameters which represent
the radial ρ and axial ζ coordination directions are
introduced as below [17–19]:

q ¼ r

RW
(2)

n ¼ Z

s
(3)

Fig. 1. Reverse osmosis membrane process.
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where Rw is wall pore radius and τ is pore length. The
differential equation expressing the velocity profile
inside (α) the membrane pore was derived as the
following:

d2aðqÞ
dq2

þ 1

q
daðqÞ
dq

" #
þ 1

b1

DP
p2

� p2r2ðqÞ � p3r3ðqÞ
p2

� �

� 1

b1
1� 1

bðqÞ
� �

aðqÞ þ xðqÞ½ � 1þ 1� ðp3p2Þk � ðqÞ
exp½ðaðqÞ þ xðqÞ� � 1

� �
� expð�Uðq; 0ÞÞ ¼ 0

(4)

where

b1 ¼
gDAB

R2
Wp2

(5)

r2 qð Þ ¼ 1� exp 1� U q; 0ð Þð Þ (6)

r3 qð Þ ¼ 1� exp 1� U q; 1ð Þð Þ (7)

xðqÞ ¼ VA

RT
½DP� ðr2ðqÞp2 � r3ðqÞp3Þ� (8)

k � ðqÞ ¼ expð�Uðq; 1ÞÞ
expð�Uðq; 0ÞÞ (9)

aðqÞ ¼ UBðqÞs
DAB

(10)

The osmotic pressure is obtained from Van’t Hoff’s
equation:

p ¼ tþ þ t�ð ÞCART (11)

For the calculation of separation factor and fluxes in
the mathematical modeling of membranes, the exis-
tence of concentration is inevitable and it is calculated
from the concentration equation.

CA3 ¼ C 1þ CRT
l1
l3

� ��1

(12)

In which:

l1 ¼
Z 1

0

aðqÞq dq (13)

l3 ¼
Z 1�k

0

½aðqÞ þ xðqÞ� p2 þ p2 � k � ðqÞp3
exp½ðaðqÞ þ xðqÞ� � 1

� �

� expð�Uðq; 0ÞÞ
bðqÞ q dq

The solute and solvent fluxes are as below:

NA ¼ eJA ¼ 2

XAB
ðe=sÞ

Z 1�k

0

½aðqÞ þ xðqÞ�
bðqÞ

� p2 þ p2 � k � ðqÞp3
exp½ðaðqÞ þ xðqÞ� � 1

� �
expð�Uðq; 0ÞÞq dq

(14)

NB ¼ eJB ¼ 2

XAB
ðe=sÞCRT

Z 1

0

aðqÞq dq (15)

And the total flux is:

NT ¼ ðNA þNBÞ ¼ 2

XAB

e
s

� �
ðl3 þ CRT l1Þ (16)

And finally the pure solvent flux is:

NP ¼ ADP; A ¼ CR2
W

8gðs=eÞ (17)

A friction parameter b (ρ), which is the ratio of solute
diffusivity in free solution to solute diffusivity inside a
pore, is used to describe the hydrodynamic drag on
the solute by the pore wall. This function described as
below:

b ¼ XAB þ XAM

XAB
¼ DAB

DAM
(18)

bðqÞ ¼ bFaxen exp E
RW ð1�qÞ

� �
when q\1� k

1 when q� 1� k

(
(19)

The solute–membrane interactions are expressed by a
potential function, (Ф) which represents the net body
force acting on the solute by the pore wall. In the
“MD-SF-PF” model this function was considered as
one dimensional.

Uðq; fÞ ¼
h1
RW

eh2q
2

when q\1� k
1 when q� 1� k

�
(20)
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2.3. ANNs in general

One of the characteristics of ANNs which influ-
ences their performances is number of the layers.
From this point of view, multilayer (ML) networks
overcome single-layer networks for complex problems.
It does not mean that increasing in number of layers,
improve the performance of ANNs and many of them
influence the MLP through over-fitting. The way that
the neurons are connected to each other has a
significant effect on the operation of ANNs. These
connection ways are divided into two main types,
feedforward and feedback. In a feedforward network,
the information moves into only forward direction
from the input layer through the hidden layer to the
output layer. In the feedback network, the information
moves from output to the input of hidden and finally
to the input layers. The neuron sums up the weighted
inputs and a bias and then passed it through a trans-
fer function to produce the output for that neuron. A
transfer function is a mathematical representation, in
terms of spatial or temporal frequency, of the relation-
ship between input and output which act on the sum
of weighted inputs.

To show the performance and efficiency of the
ANN, we need a way of evaluating its output error
between the network and target output. Performance
of the ANN is explained by different error functions
such as MSE, RMSE, and correlation coefficient (R).
The network is training to reduce the value of error
functions between the ANN and the target output to
increase its performances.

MSE ¼
Pn

1ðPm � PeÞ2
n

(21)

RMSE ¼ ðMSEÞ12 (22)

R ¼
PQ

i¼1ðPm;i � Pm;avÞðPe;i � Pe;avÞffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiPQ
i¼1½ðPm;i � Pm;avÞ2

PQ
i¼1

ðPe;i � Pe;avÞ2
s (23)

where Pm is the target value, Pe is the network output,
and n is the number of data-set.

2.4. Radial basic function

A RBF network (RBFN) was proposed by Broom-
head and Lowe [34]. This network is a standard three
layer feedforward neural network, i.e. the input layer,
the nonlinear hidden layer (consists of Gaussian basic
functions in this study), and a linear output layer. The

major difference between RBFN and MLP network
with error back propagation method exists in the hid-
den layer. A MLP neural network sums up the
weighted input vectors but in a RBFN, the distance
between input and center is used for learning process.
Also, A RBFN is faster to learn and to use than a
MLP.

The first layer of a RBFN consists of input data-set.
For each neuron in hidden layer, the distance between
the input data-set and the center is activated by a non-
linear radial basis function. This function is shown in
the following equation:

/ xið Þ ¼ exp � k xi � ci k b1ð Þ2
h i

(24)

where φ is the nonlinear RBF, xi is the input vector, b1
is bias in the hidden layer, and ci is center vector.

Each hidden neuron receives all inputs (x1, x2, … ,
xi) and produces one output. The value of each out-
put, which has been produced by neurons in the hid-
den layer is between 0 and 1, depends on how close
the input is to the center location. If the centers of
neurons are closer to the inputs, they will have more
contributions to the outputs. On the contrary, if neu-
rons have centers away from inputs, then their out-
puts are invalidated and so vanished. Finally, the
output layer neurons receive weighted inputs and
RBFN output is given as follow equation:

y ¼
Xn
j¼1

WiuðxiÞ þ b2 (25)

where y is RBFNN output, Wi connection weight
which determines by the training process, b2 bias in
the output layer.

The RBFNNs have been used to apply on wide
range of applications such as pattern classification,
system identification, nonlinear function approxima-
tion, time-series prediction, and so on. A key point of
RBFNN is determining the proper number of neurons
in the hidden layer. If the number of neurons is too
small, the output vector may be in low accuracy and
too large numbers may cause overfitting of network.
In a training process, the numbers of neurons in
hidden layer is selected according to statistic proper-
ties of input data-set and then determine the centers
and spread width for neurons. Various methods are
proposed to choose the initial location of center,
e.g. random selection, K-mean technique, max–min
algorithms, etc. Spread width is an important parame-
ter in the performance of RBFNNs. The value of
spread width should be large enough to find the best
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solution for a problem. Fig. 2 shows the structure and
procedure work of RBFNN.

2.5. ANN inputs and outputs

The objective of MD-SF-PF model is to calculate
separation characteristics: separation factor (f), pure
solvent (Np), and total flux (Nt). The connection
between RO model and RBFNN is that the model
parameters, membrane properties, and operational
conditions were considered as input data of RBFNN.
In this way, nine parameters are needed which are
considered as inputs of the network. The input vector
is consists of model parameters (θ1, θ2, τ/ε), membrane
properties [RW (pore radius), XA1, XA2 (friction con-
stants between solute and solvent and membrane
respectively), and operational conditions such as the
average longitude concentration of solute in mem-
brane (C), pressure (P), and temperature (T).

A data-set consisting of 304 experimental data,
which were gained by the four types of membranes,
was applied in this regard. These experimental data
were obtained by Mehdizadeh and Dickson [17]. Each
data consist of nine-dimensional input vectors and
three-dimensional output vectors. To observe the
influence of inputs on each output, a one-dimensional
output vector is used and the error functions were
calculated for them separately.

3. Results and discussion

The entire data (304) were divided into two ran-
dom parts: 80% as training data-set (243), and 20% as

test data-set (61). For improving network application,
training and test data-set have been distributed and
normalized in (−1, 1) interval. The different values for
spreading the width were tested and the optimum one
was considered two.

Figs. 3–5 show the conformity of RBFNN training
results and experimental data. Figs. 3–5 shows these
results for separation factor, solute flux, and total flux,
respectively.

From these figures, it was observed that a high
conformity exists with experimental data and a mini-
mum differences are visible in these data.

Figs. 6–8 show the MSE of outputs, i.e. separation
factor (f), pure solvent flux (Np), and total flux (Nt) vs.
the number of neurons in hidden layer. These figures
show a sharp drop in MSE when the number of neu-
rons is less than 20. The proper number of neurons

Fig. 2. Schematic representation of RBFNN employed in this study.

Fig. 3. The conformity of RBFNN training results with
experimental data for separation factor.
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should be selected to prevent over-fitting of network.
As the figures illustrate, the MSE of training data-set
decreased but the MSE of test data-set increased after
maximum number of neurons reaches 38 for separa-
tion factor, 40 for pure solvent flux, and 41 for total
flux. This means, if the number of neurons is more
than the mentioned value, the network is facing
over-fitting phenomena.

Figs. 9–11 explain target data vs. network output
for three outputs which implemented with RBF neural
network. As the figures show, correlation coefficient
between the observed and predicted is as high as

Fig. 4. The conformity of RBFNN training results with
experimental data for solute flux.

Fig. 5. The conformity of RBFNN training results with
experimental data for total flux.

Fig. 6. MSE vs. the number of neurons in hidden layer for
separation factor.

Fig. 7. MSE vs. the number of neurons in hidden layer for
pure solvent flux.

Fig. 8. MSE vs. the number of neurons in hidden layer for
total flux.
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0.9995 for separation factor, 0.9991 for pure solvent
flux, and 0.9994 for total flux. All conditions such as
slope and intercept are ideal for the results of RBFNN.
All points of these figures were located near the x = y
line. This means that the target data and the predicted
data have almost the same values.

After training process, the MSE for training and
test data-set were obtained 0.00009 and 0.00016,

respectively, for separation factor, 0.00013 and 0.00013
for pure solvent flux, 0.00009 and 0.00012 for total flux
consequently. The simulation results show that
RBFNN is an accurate method to predict performance
of RO membranes. Table 1 shows the obtained results
from trained network.

The comparison of results between RBFNN and
BPNN (which was obtained by Moradi et al. [33])

Fig. 9. Comparison RBFNN the predicted training and test data values vs. experimental data for separation factor.

Fig. 10. Comparison RBFNN the predicted training and test data values vs. experimental data for pure solvent flux.
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show a clear superiority of our network compare to
them. Finally, RBFNN can be used with high confi-
dence to predict the performances of RO membranes
in industrial applications by negligible error.

4. Conclusion

Due to complex and nonlinear equations of MD-
SF-PF model, the necessity of a simple technique,
which could have the capability of the predication of
RO membrane performances, is inevitable. In the pre-
sent study, a radial basic neural network RBFNN was
developed to predict the performances of RO mem-
branes. Implementation of the RBFNN lets to fast
training of the network. The results confirm the
advantage of RBFNN for the prediction of RO mem-
branes performances identically. It is obvious that
RBFNN can be used as an assured method to predict
separation factor, pure solvent flux, and total flux with
a high accuracy comparing to the numerical and other
ANNs.

Fig. 11. Comparison RBFNN the predicted training and test data values vs. experimental data for total flux.

Table 1
Performance of RBFNN in prediction of RO membrane
performances

RO performance MSE RMSE R

Separation factor 0.00016 0.012 0.9995
Pure solvent flux 0.00013 0.011 0.9991
Total flux 0.00012 0.010 0.9994

List of symbols

b(ρ) — friction function, dimensionless
C — molar density of solution (kmol/m3)
CA(r, Z) — concentration of solute inside a pore

(kmol/m3)
DAB — solute diffusivity in free solution (m2/sec)
DAM — solute diffusivity inside the pore (m2/sec)
f´ — theoretical separation, dimensionless
JA,r(r) — radial component of solute flux through a

single pore (kmol/m2 s)
JA,z(r) — axial component of solute flux through a

single pore (kmol/m2 s)
l1 and l3 — definite integral, dimensionless
Ni — flux of i through membrane (kmol/m2 s)
P — hydrostatic pressure (kPa)
r — cylindrical coordinate normal to the pore

wall (m)
R — gas constant (kJ/kmol K)
T — temperature (K)
Ui(r) — velocity of i inside the pore (m/s)
z — cylindrical coordinate parallel to the pore

wall (m)
k*(ρ) — ratio of local partition coefficients at the

ends of a pore for solute
OF — objective function
RMSD — parameter

Greek letters
α(ρ) — velocity defined, dimensionless
β1 — parameter defined, dimensionless
ΔP — pressure drop across the membrane (kPa)
ε — fractional pore area of membrane,

dimensionless
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